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Abstract

The gist of this contribution is the search for a possible decomposition loophole in relativistic formulae. An
attempt is presented where trigonometric mathematical instruments have been used in order to decompose the
quantity “c—the light speed constant” into two components—the first one describing the longitudinal speed of
the source and the second one describing the transverse vibrational speed of a quantum particle. The
Matzka-Voigt complex number describing mathematically longitudinal speed of the source and transverse
vibrational speed of quantum particles was postulated. The modulus of the Matzka-Voigt complex number equals
to | c | = | v | =299,792,458 ms™' and can be inserted into the Maxwell’s equations. The known trigonometric
functions were used to interpret graphically the “relativistic formulae” and to decompose these formulae into
their components. This trigonometric approach opens a new way to interpret the quantitative data in the
Euclidean space: “vis activa”, “vis viva”, “vis mortua”, kinetic energy, Doppler effect, quantum of formal action,
etc. This trigonometric interpretation of “relativistic formulae” can be tested experimentally in the proposed
experiments.
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1. Introduction

The relativistic formulae have been tested with the admirable experimental accuracy during the 20™ century: e.g.,
Albert Einstein in 1905, Rindler in 1991, Taylor and Wheeler in 1992, Tipler and Llewellyn in 2002, Feynman,
Leighton and Sands in 2005. However, this approach forces us to postulate the spacetime elasticity. The
scientific literature is full of many attempts to find an “interpretation loophole” in this concept. There is one
permanent dilemma: did we achieve the final possible mathematical description of Nature or are there any
possible “hidden loopholes” that wait for their discovery?

The history of the search of “hidden loopholes” in the special relativity formulae is very rich and can be now
easily traceable using the Wikipedia. One interesting approach is the expression of relativistic formulae with
hyperbolic functions in the 3D space promoted by Whittaker in 1910, Varicak in 1910, Robb in 1911, and
recently refreshed by Dray in 2003 and Barett in 2011. There are some other geometrical descriptions of the
special relativity formulae: e.g., Carroll in 2004, Crabbe in 2004, Bros in 2005, Delphenich in 2005, Ungar in
2009, Dragon in 2012, and Naber in 2012.

We will use the analogy with the prime factorization which is known to be a very difficult problem and many
sophisticated prime factorization algorithms have been devised for special types of numbers. Can we find a
trigonometric decomposition algorithm for the decomposition of the relativistic formulae into components that
could describe the events in the 3D space?

In this contribution we propose to use trigonometrical mathematical instruments and to decompose the quantity
“c—the light speed constant” into two components—the first one describing the longitudinal speed of the source
and the second one describing the transverse vibrational speed of a quantum particle. The known trigonometric
functions will be used to interpret graphically the “relativistic formulae” and to decompose these formulae into
their components. The decomposition of the quantity “c—the light speed constant” was nearly achieved by
Woldemar Voigt in 1887. We will combine the mathematical instruments of Wilhelm Matzka from 1850 with
Woldemar Voigt from 1887 in order to present a possible “decomposition loophole” for the quantity “c—the
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light speed constant”. Three experimental tests will be proposed to verify this “decomposition loophole” and to
estimate if this trigonometric concepts brings something new for this field of the research.

2. Wilhelm Matzka and His Interpretation of Complex Numbers

There are very well-known contributions of mathematicians to the topic of the geometrical interpretation of
complex numbers: Caspar Wessel in 1799, Jean Robert Argand in 1806, Augustin-Louis Cauchy in 1821, and
Carl Friedrich Gauss in 1831.

In 1850 Wilhelm Matzka published his book “Versuch einer richtigen Lehre von der Realitit der vorgeblich
imagindren Grossen der Algebra, oder einer Grundlehre von der Ablenkung algebraischer Grossenbeziehungen”.
(“An Attempt at a Correct Theory of the Reality of Supposed Imaginary Numbers in Algebra, or a Basic
Knowledge of the Deflection of Algebraic Quantitative Relations”). In this book Matzka proposed the original
description of complex numbers as agglomerates of the longitudinal and transverse motions and added arrows to
those numbers in order to describe their motion in the space.

We can use the Matzka’s way of writing of complex numbers as a stimulating aid for the description of photon
properties: Euler-Matzka bits. See the page 158 of the Matzka’s book “Versuch...”.

Table 1. Matzka’s writing of complex numbers: Euler-Matzka bits

z,=—a+1b=|z|(—cosd + 1sinf) = —e' | z|
zy=«a+1b= |z|(<—cos@+Tsin9):<—¢:Te |Z|
zz=«a+|b= |z|(<—cos@+isin6)=<—ele |z|

z4=—a+ b= |z|(—cosd + |sinf) = —e'’ | z|

The details about the life and other mathematical works of Wilhelm Matzka can be found in the excellent
biography written by Michaela Chocholova and Ivan Stoll.

3. Matzka-Voigt Complex Number with its Modulus |zyy | = [c¢| = |Av| =299,792,458 ms™

We will take the inspiration from the Wilhelm Matzka's description of the complex numbers and combine it with
mathematical approach of Woldemar Voigt who formulated the Voigt transformation for the transverse photon
waves in 1887 (See Ernst and Hsu in 2001).

We will get the Matzka-Voigt complex number as the aggregate of the longitudinal speed of the source and the
transverse particle vibrational speed. In this agglomerate —(v) is the longitudinal speed of the source and
L[eN(1-v¥/c?)] is the periodical transverse particle speed:

2

zo— b e J1I-5 )
c

The modulus of this Matzka-Voigt complex number is |ZMV | = | C | = | Av | . We propose to use this modulus

| c | in the Maxwell equations. In the Maxwell’s equations, the relation between electricity, magnetism, and the

modulus of the light speed can be summarized by the equation:

2
‘C‘:‘iv‘:7’7‘l,llg = V2+62(1_zé) @)

0Co

where | c | is the modulus of the light speed, A is the wavelength of the transverse particle vibration, v is the
frequency of the transverse particle vibration, L is the permeability of free space, g is the permittivity of free
space, the term —(v) is the longitudinal speed of the source, and i[c\/(l-vz/cz)] is the transverse vibrational
speed of the photon particle.

Now we can modify the Principle of Invariant Light Speed of Albert Einstein from the year 1905: “...light is
always propagated in empty space with a definitive velocity ¢ which is independent of the state of motion of the
emitting body” as the Principle of Invariant Modulus of the Light Speed: “Light is always propagated in space
with a definitive modulus of the light speed | c| which is independent of the state of motion of the emitting body”.
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For the case of addition of velocities v| + v, we can modify the Matzka-Voigt complex number as:

2

The source keeps its longitudinal speed —v, while the photon simultaneously periodically vibrates in the
transverse direction with the speed | [cV(1-v*/c?)] and the period |T in the transverse direction:

v =y Lo @)

V.

2

c

where |T, represents the period of the vibration in the transverse direction for the longitudinally motionless
source of that particle. The instruments that measure time based on the transverse vibrational principle of
particles are therefore influenced by the longitudinal motion of those instruments.

4. Doppler-Matzka Effect

Christian Doppler derived his famous formula to describe the dependence of the observed wavelength and
frequency on the relative motion of the source and the observer in 1842. For the rapidly moving quantum
particles we have to insert into this formula the correction for the period (| T/|T,) for the periodical transverse
vibration of these particles:

1-4 [11‘V‘_Vz‘]-¢[£]=,1 {11‘V‘_V2‘]-¢ 1 _
c T, c \/ ‘VI_VZ (5)
e
fabriqi L
C 17&
CZ
v =y [1¢VIVZJ"L[TJ_V {li‘/lvzj'l’ 1 _
’ TU ! C ’
\/1 _‘Vl CZVZ (6)

It is a historically interesting fact that Christian Doppler and Wilhelm Matzka took the same position of the
professor of mathematics on the Prague Polytechnic (now Czech Technical University). Doppler took this
position in the years 1841-1847 and Matzka in the years 1849—1850 (later Matzka was the professor of
mathematics on the Prague University in the years 1850—1871). (For further details see the biography written by
Chocholova and Stoll).

5. Trigonometric Interpretation of Relativistic Formulae

Figure 1 surveys the known trigonometric functions in the circle with radius R = 1 and the defined value cos(0) =
v/c (vic<1).
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Figure 1. The known trigonometric functions in the circle with radius R = 1 and the defined value cos (0) = v/c
(v/ic<1)

We can use with advantage the known properties of trigonometric functions and to graphically visualize the
relativistic formulae. When we define the cos (6) = v/c (v/c < 1), then we will get automatically the very well
known relativistic formulae. With the help of the analytic geometry we can discover some new trigonometric
functions outside of the unit circle in order to get other relativistic formulae: Doppler blue (0), Doppler red (8)
and some other new trigonometric functions can be found outside of the unit circle as well.

In Table 2 we have derived values for those trigonometric functions in the circle with radius R = 1 based on the
cos(0) =v/c (v/c < 1).

Table 2. Relativistic expressions in the circle with radius R = 1 and cos (0) = v/c

Name Value

1 v
cosime 005(0) =—
c

. 2
stme sin(0) =1 —cos2(6) = ,/l—v—z
C

2

t t I_Lz
angen .
an(@) = sin(@) _ C
cos(6) v
C
v
_cos(@) ¢
cotangent cotan() = sin(@) £ B
Y
C
secant
1 c
sec(f) = =—
© cos(@) v
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Figure 2 depicts graphically these trigonometric functions with relativistic formulae. The lengths of lines
depicted in that Figure 2 were checked by mathematical instruments of René Descartes. We followed the advice
of René Descartes: “Many problems can be solved geometrically if we can graphically depict the lengths of

those relations”.
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Figure 2. Relativistic formulae in the circle with radius R = 1 and the defined value cos(0) = v/c (v/c < 1)

The next Figure 3 shows the energy formulae for bosons and fermions. The energy formula for bosons |E| =
my |c | 2 can be decomposed into two components. The energy formula for fermions |E| =m |c|?can be
decomposed into three components.

kinetic L —1\mo.c?
vis energy

viva m.c
alive (1 - 1-%)mo.c? v
energy <

I %

L cos(0)=+(%) z 1+<
v

VIS ACTIVA

VIS -
MORTUA

v
1+-
c

Figure 3. Relativistic formulae for bosons and fermions

Bosons do not react in the free space with other bosons and therefore their energy formula is composed from two
contributions only. On the other side fermions eagerly absorb photons from the surroundings and therefore their
energy formula can be decomposed into three contributions.

6. |E| =m, |c|2f0rPh0t0nsand |E| =m | ¢|?for Fermions

The energy of photons is divided into two parts: “alive energy” and “dead energy” which depend on the
longitudinal speed v of photons in the surroundings (vacuum, air, water, etc.) and can be tested in the
photoelectric experiments. Bosons do not react in the free space with other bosons and therefore keep the mass

my.
2 2 2 2
- 1% 1%
=m, 1- 1_72 +m, 1_72
C C

2

‘E‘=hl/=m“‘c

c c
(7
This expression can be interpreted in the Leibniz’s terminology from the Specimen dynamicum as:
Vis activa = Vis viva + Vis mortua (®)

The energy of fermions is composed from three parts: kinetic energy, “alive energy” and “dead energy”:
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The kinetic energy and “alive energy” can be fused into one term “vis viva” and we will get the Leibniz’s

formula for “vis viva” and “vis mortua” for fermions:

2

2

2 o 2
‘E‘: m02 C| _%moc +m,|C I_Lz
1-Y - ¢ (10)
2 2
C C

When the external forces increase the speed of the fermion particle then the external photon mass will be
deposited and is visible as a part of the “vis viva” while a part of the internal mass of the gross body transforms
from the “dead mass” to the “alive mass™:

2 2
m 1 v v
- -1 m0+[1— 1—2} ,m+[m0 1—2} (11)
-V -V c C
2 2
c c

The total mass of the moving fermion particle m is composed from three components: 1) the deposited photon
mass, 2) the “alive mass”, and 3) the “dead mass”. The deposited photon mass on the moving fermion can create
some new particles in instruments such as the LHC apparatus.

In the period 1881-1905 several researchers derived their formulae for the longitudinal mass and transverse mass.
E.g., Thomson in 1881, Searle in 1897 , Poincaré in 1900, Abraham in 1903, Kaufmann in1902, Lorentz in 1904,
Einstein in 1905. In March 1906 Max Planck derived the expression for the “vis activa” but he was working with
that expression as with “vis viva” (die lebendige Kraft). The evolution of the interpretation of the equation E =
mc? was many times surveyed, e.g. Leong and Chin in 2005.

The concept of the longitudinal mass and the transverse mass was discussed till the year 1912. Tolman in 1912
introduced the concept of relativistic mass and the concept of the longitudinal mass and transverse mass was not
used later in the relativity theories.

There are many discussions on the topics of the “rest mass” and the “relativistic mass”, e.g. Okun in 1989, Hecht
in 2009.

See also many contributions on the “vis viva” controversy, e.g. Newton in 1687, Leibniz in 1695, Mach in his
“Die Mechanik in Ihrer Entwicklung” in 1900, Hankins in 1965, Iltis in 1971, Smith in 2006.

Table 3 summarizes the series expansions for relativistic formulae that can be used for lower speed
aproximations of the relativistic formulae. The aproximations for lower speeds were derived by Descartes,
Huygens, Newton, Leibniz, Doppler, etc. The relativistic formulae for the case of the elastic spacetime were
derived by Albert Einstein.
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Table 3. Series expansions for used relativistic formulae

Formula Series expansion
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7. Leibniz and Maupertuis—Two Interpretations of the Quantum of Action

In 1744 Pierre Louis Maupertuis suggested that the quantity to be minimized was the product of the duration of
movement within a system and the “vis viva”. This leads to the Planck quantum of action h for photons:

h=myA.c (12)

where mj is the photon mass, A is the photon wavelength and c is the longitudinal light speed.

In 1689 Gottfried Wilhelm Leibniz proposed that the quantity to be minimized was the product of time and the
“vis activa” (See Antognazza, p. 304). This leads to the Leibniz-Planck quantum of formal action |h| for
photons:

| (13)

h|=m.Adc
where mj is the photon mass, A is the photon wavelength and | c | is the modulus of the light speed.

Both interpretations of the quantum of action have the same numerical value [6.626 069 57(29)X 107 J s],
however the physical meaning of those concepts is different.
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Table 4. Properties of photons described by the modulus of the Matzka-Voigt complex number and the
Leibniz-Planck quantum of formal action

Modulus of the Matzka-Voigt complex number | c |
cl=Av=Aw,
Leibniz-Planck quantum of formal action | h |
h|=m,AJc|=m.A
Quantum of formal effect | h | / | c |
h

cl

c|

=muﬂvo:m1ﬂvl

Quantum of formal consequence |h|/ |c|?

h

My _ny
2
C| Vo Vl

Quantum of transmission of information |h| | c|

hle|=m,Adc r=m1/11‘c r

In Table 4 the photon mass m,, wavelength Ay and frequency v, describe the photon properties at the source while
m;, A, v; describe those properties at the receiver, | c | is the modulus of the light speed, | h | is the
Leibniz-Planck quantum of formal action. These photons transmit to the observer information about the relative
velocity, distance, etc. We should find experimentally not only the dependence of the wavelength of the observed
photon on the relative motion of the source and the observer but also the dependence of the photon mass on the
relative motion of the source and the observer.

Table 5. Two versions of the interpretation of photon properties: Version A and Version B

Parameter of the photon Version A Version B
Longitudinal photon speed in the —(Vv) c (light speed) corrected for that
medium medium
Transverse vibrational - c (light speed)
photon speed u [c 1—2]
Modulus of the light speed | c | not defined
“Vis activa” of photon |h|v=m, |c]|? hv=m,c’
“Vis viva” of photon - m ¢’
mo[l - \/I ] C|2
C
“Vis mortua” of photon . not defined
mo[ 1—‘)2} o
c
Rest mass of photon my 0
Elasticity of transverse vibrational space-time

particle speed

Table 5 brings information that the photon mass of the given photon is both my at the maximum speed c or at the
speed v = 0. We can manipulate with the longitudinal speed v in different media and thus modify the ratio of the
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“vis viva” and “vis mortua” of that photon. The quantity of “vis viva” of that photon can be experimentally
tested in photoelectric experiments.

8. Photoelectric Effect—The Test of This Concept

Philipp Lenard in 1902 and R.A. Millikan in 1916 experimentally and Albert Einstein in 1905 theoretically
described the photoelectric effect as:

K..=hv-W (14)

where K., is the maximum kinetic energy of an ejected electron, h is the Planck constant and v the frequency of
the incident photon, the term W is the work function which describes the minimum energy in order to remove a
delocalized electron from the surface of the metal.

We propose to test this formula:

1 2 v
=1 |m|d =hv-|mu.-——5
V. c
%
c

where m, is mass of the electron, v. its speed after the ejection, my, is the mass of the photon and vy, the photon
longitudinal speed in that medium (air, water, metal, etc.), | c | is the modulus of the light speed, h is the Planck
constant and v the frequency of the incident photon. In this concept “vis viva” of photon determines the kinetic
energy of the ejected electron. By the modification of the photon longitudinal speed v,, we can manipulate with
the kinetic energy of the ejected electron.

C|

; (15)
C|2 :mph{l _ l—v';h} c|2
C

9. “Vis viva” of Fermions—The Test of This Concept

We propose to repeat Poleni’s experiment (1721) and s Gravesande’s experiment (1729) where we expect the
dependence on the “vis viva” of the moving body and not on the kinetic energy of the moving body:

2

v
C2 ’
‘E ‘: > M

=Y

2

C
where v is the speed of the moving fermion with the rest mass m,. There is a well documented long discussion
(“vis viva” controversy) on the difference of the energy acting in time and the energy acting in space: PhD
Thesis from Carolyn Merchant Iltis: “The Controversy over Living Force: From Leibniz to D" Alembert” written

in 1967.
10. “Quantity of Motion”—Momentum of Fermions—The Test of This Concept

(16)

C|

Suppose there are two fermion particles of equal mass my, one is stationary (particle 2) and one is approaching
(particle 1) the particle 2 at a speed v. Their center of mass is moving at speed v/2. During the collision the
photon mass adsorbed on the moving particle 1 will be transported and deposited on the stationary particle 2.
The “quantity of motion”—momentum of this system M can be described as:

v m,v (17)

1 1
M =mv=———=mt7—=m|;~

\% \% %

1-Y 1-Y 1-¥

c c c

Because of the symmetry, after the collision both particles must be moving from the center of mass at partner
speed. The particle 1 is now stopped and the particle 2 is moving at speed v. The particles exchanged their speed
and the photon mass mynoen brought into the system by the moving particle 1:

©

R e (18)
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We should focus our attention on the photon mass transfer myoon from the moving particle 1 onto the stationary
particle 2 to determine experimentally this quantity. This approach leads us to the old concept introduced into the
science by Antoine Lavoisier.

11. Caloric as the Substance of Heat

There is one version of the caloric theory that was introduced into the science by Antoine Lavoisier in 1783 who
proposed a “subtle fluid” called caloric as the substance of heat causing the vibration of individual particles.
Since that time there is a permanent discussion if heat can be explained by the caloric absorption causing the
vibration of particles or by the vibration of individual particles without any exchange of (fictious) caloric with
the surroundings.

It is valuable to re-read contributions of researchers who were revisiting and developing the caloric concept
during the 20" and begin of the 21" centuries: e.g., Callendar in 1910, Brown in 1949 and in 1950, Kuhn in 1958,
Fox in 1971, Morris in 1972, Psillos in 1994, Chang in 2003, Mares et al. in 2008.

The gist of this contribution is to identify the caloric exchange with the photon mass echange from the
surroundings. The quantitative predictions of this concept can be verified using the instrumental technique
available at the beginning of the 21* century.

12. Conclusions

The Matzka-Voigt complex number zyy with its modulus | ¢ | = 299,792,458 ms”' was postulated as the
decomposition algorithm for the quantity “c- the light speed constant”. Trigonometric functions were used to
graphically visualize the relativistic formulae and to decompose the relativistic formulae into their components.
The expression | E | =my | c | % describes the “vis activa” of photons, one its part “vis viva” of photons can be
tested in the photoelectric experiments. The expression |E | =m | c | * describes the “vis activa” of fermion
particles, one its part “vis viva” of fermions can be tested in the Poleni’s and ‘sGravesande’s experiment, one its
part the kinetic energy can be tested in the photoelectric experiments. The difference between the Planck
quantum of action h = m A c based on the “vis viva” of photons and the Leibniz—Planck quantum of formal action
| h | =mA | c | based on the “vis activa” of photons was stated. Two versions of the interpretation of the photon
properties were compared. Three experiments were proposed for testing of this concept.
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